For a simply connected domain G properly contained in C, we apply the results of [12] and [8] to extend the results of [10] to Schatten Class composition operators on certain weighted Bergman spaces of simply connected domains A 2 ν (G).
Introduction
For a simply connected domain G properly contained in C, a Riemann map η that takes the open unit disk D univalently onto G, and a continuous function ν : G → (0, ∞), for 0 < p < ∞, we define the weighted Bergman space A p ν (G) as the collections of holomorphic functions f on G such that
where dA is the normalized Lebesgue area measure. Bergman spaces of the unit disk (i.e, when G is the unit disk) and corresponding composition operators acting on them have been extensively studied by several authors (see [6, 7] , [2] , [9] ). In particular, characterization of boundedness and compactness of composition operators can be found in [2, 9] . In this paper, we will be dealing with the class of weighted Bergmann spaces A Here are some illustrative examples of weight generating functions v (see [12] ):
In particular, if ψ is the constant function 1, then W ϕ,ψ becomes the usual composition operator on A p v , typically denoted by C ϕ . Multiplication operators, typically denoted by M ψ , are also weighted composition operators with ϕ being the identity map on D. These definitions of weighted composition operators, and hence composition operators, extend naturally to other function spaces.
Let X and Y be Banach spaces. For a bounded linear operator T : X → Y , the essential norm ||T || e,X→Y of T is defined to be the distance from T to the set of the compact operators
where ||.|| denotes the usual norm operator. We denote the essential norm of T by ||T || e,X when T : X → X. Clearly, T is compact if and only if ||T || e,X→Y = 0. Consequently, the essential norm is often used to characterize compactness of concrete operators. The essential norm of various weighted composition operators on the Hardy spaces and the Bergman spaces of the unit disk has been studied by several authors (for more recent results see [1] , [3] , [4] , [11] ).
where s n (T ) are the singular numbers for T ∈ L(A 2 ν (G)), given by
and L(A 2 ) α for some α > −1. are best known. We refer to [13] for more information on Schatten class operators. Membership to S p (A 2 ν (D)) for the "standard" weight has been characterized in [5] . In this paper, we extend the results of [10] to characterize Schatten class composition operators on the weighted Bergman spaces A If the disk map ϕ : D → D is given by ϕ = η −1 • φ • η, C φ is a compact composition operator on A 2 ν (G), and the weight ν on G is defined in Section 1, then for 0 < p < ∞ and 
Schatten Class Weighted Composition Operators
Schatten class weighted composition operators W φ,ψ on the Bergman space A 2 of the unit disk has recently been studied by Elke Wolf [12] . His results for the weighted Bergman space A 2 v states that if W ϕ,ψ is a compact weighted composition operator on A 2 v , then , for 0 < p < ∞,
where the weight v on D is defined in Section 1.
Main Results
where
Note that, since η never vanishes, Q ϕ is holomorphic on D, hence W ϕ,ψ is a weighted composition operator on Hol(D) and hence in A (b) C φ is bounded (compact) (of Schatten class) if and only if W ϕ,ψ is bounded (compact) (of Schatten class), respectively (a direct consequence of (a)).
As Schatten class operators act on Hilbert spaces, we shall only consider the case p = 2.
Thus, given C φ : A , for all z ∈ D, and the weights ν defined on G and v on D are specified in Section 1. We apply (2.1) directly with the given weights ψ and v = ν • η to derive our main theorem (Theorem 1.1) .
